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Scalar model and policies
Convex cost, concave production, continuous skill; finite reward levels.
Known score-boundary priority; one full-measure best-response set.
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Remark A.2: pre-effort skill
No skill atoms; positive mass
between distinct supported skills

Lemma C.1: tied scores
Equal rewards on a com-
mon full-measure set

Lemma C.3: cost gaps
Ordering from the two
best-response inequalities

Lemma C.4: production gaps
Ordering from skill, ef-
fort, and concavity
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Lemma C.2: null deviations
All counterfactual re-
wards remain unchanged

Proposition 2.1
Rank preserves reward
bands almost everywhere

Theorem 2.2

Second-price effort formula; equilib- | —

rium existence and AE uniqueness

Corollary A.1
Finite reward-transfer effort
comparisons; baseline clipping
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Proposition 3.1
Pure randomization maximizes wel-
fare. Cutoff monotonicity: upper-
tail skill and score-cost concavity
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Proposition 3.2
Deterministic admission max-
imizes two-level private utility

Proposition 3.3
An admissible three-level policy
strictly improves private utility

Proposition 3.4
Interior societal optimum exists;
printed witness uses p < 3/7
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Group model
Scaled skills, actual mix-
ture CDF, clipped thresh-

olds; welfare gap and access

Proposition 4.1
Environment-scaled rank
preserves rewards, includ-

ing separated supports

Proposition 4.2
Weak welfare gap; strict in
common admission exactly at
positive disadvantaged effort

Proposition 4.3
Finite weak /strict com-
parison; derivative signs
where derivatives exist

Proposition 4.4
Pure randomization improves
access; cutoff monotonicity under
the source inverse-skill condition

Multidimensional models
B.1: exchangeable cost, linear
production, all nonnegative vectors.
B.2: hard residual budget

Proposition B.1
Best-coordinate effort and reward-
band preservation. No hard budget

Proposition B.2
Every interior cutoff globally optimal for a posi-
tive weight independent of equilibrium selection.
Local affine skill, budget, production/cost curvature,
and regularity conditions; square-root/quadratic example




